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Abstract. Living systems maintain themselves in a narrow regime between frozen order and
chaotic dissolution — the critical state where sensitivity, adaptiveness, and information-processing
capacity are maximized. We propose that noble-ratio anti-resonance, with the golden ratio (¢ a
1.618) as the canonical extremum, functions as one mechanism by which living systems may resist
collapse into pathological order and thereby maintain near-criticality. Three convergent lines of
evidence support this claim: (1) KAM theory and Greene’s criterion establish that noble-number
tori, with the golden-mean torus as the limiting case, are the most robust quasi-periodic structures
in perturbed Hamiltonian systems; (2) Arnold tongue analysis and circle-map simulation show ¢
as the tested ratio most resistant to deterministic synchronization in coupled oscillators; (3) EEG
frequency bands are spaced by factors of ¢ (Pletzer et al., 2010; Kramer, 2022; validated N = 320,
Frontiers in Human Neuroscience, 2026), and conscious states are associated with near-critical
cortical dynamics (Toker et al., 2022, PNAS), suggesting -spacing may contribute to criticality-
associated cortical dynamics. We survey additional domains — cardiac dynamics, genomic error
rates, phyllotaxis, gene regulatory networks, quasicrystals, and thermodynamics — where the same
formal property (maximal irrationality preventing system closure) appears. The cross-scale claim
is formal rather than mechanistic: the pattern recurs across substrates, but whether a single causal
mechanism underlies all instances remains open. No prior work has unified the full chain from KAM
robustness through Arnold tongue resistance through self-organized criticality to brain criticality
under a single framework with domain-specific falsifiable proxies. We introduce an anti-closure
index and testable predictions for each domain.
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1 Introduction

1.1 Methodological Note

This paper does not treat traditional symbolic accounts of incompletion, wound, remainder, and
sacred proportion as decorative metaphors appended to a scientific argument. It treats them as
historically prior recognitions of a formal pattern: generativity through structured non-closure.
The Pythagorean discovery that the circle of fifths does not close, the alchemical insistence that
the Stone has a remainder, the Islamic geometric tradition of the deliberate flaw, the Japanese



aesthetic of wabi-sabi, the Hermetic teaching that the Work is never finished — these are not
ornamental precursors to the mathematics that follows. They are the reason this investigation
exists. The mathematical sections specify one precise version of the pattern through Diophantine
incommensurability and anti-resonance; the empirical sections ask where that mechanism is
actually instantiated. The claim is neither reductive materialism nor free symbolic association, but
a testable formalization of an older intuition.

1.2 The Problem of the Living Zone

Two attractors bound the space of possible dynamical behavior in complex systems. On one side:
perfect order — periodic, crystalline, frozen. A system in this regime repeats without developing.
It is maximally predictable and minimally adaptive. Information cannot propagate through it
because there is no variability to carry signal. On the other side: perfect chaos — random, dissolved,
structureless. A system in this regime has no memory, no coherent response, no capacity for
sustained pattern. Information is generated but immediately lost.

Between these extremes lies a narrow regime — the critical state, edge of chaos, or phase
transition boundary — where complex adaptive behavior is possible. Systems at criticality exhibit
power-law statistics, scale-free avalanche dynamics, maximal dynamic range, long-range correla-
tions, and optimal information processing (Bak et al., 1987; Langton, 1990; Kauffman, 1993;
Mufioz, 2018). The central question of complex systems theory is not whether this regime exists
— it does — but how living systems find and maintain it.

1.3 The Golden Ratio as Candidate Mechanism
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all irrationals, it is the most poorly approximated by ratios of integers. Its continued fraction

The golden ratio, ¢ = =~ 1.618, possesses a distinctive number-theoretic property: among
representation [1;1,1,1,...] has the smallest possible partial quotients at every position, producing
the slowest convergence of any continued fraction (Hardy & Wright, 1938). Equivalently, in the
Stern-Brocot tree ordering of the rationals, ¢ sits at the point maximally distant from every rational
— the deepest gap in the Farey sequence. ¢ is the extremal member of a class: the noble numbers —
irrationals whose continued fractions end in an infinite tail of ones — all share enhanced resistance
to rational approximation. ¢ is the most resistant, but the property is graded, not binary.

This property has well-established consequences in dynamical systems theory: (-ratio quasi-
periodic orbits are the most robust against perturbation (Greene, 1979), and ¢-ratio coupled
oscillators are the most resistant to frequency locking (Arnold, 1961). What has not been estab-
lished is whether these mathematical properties constitute a biological design principle — whether
living systems exploit ¢p-structured (or more broadly, noble-number-structured) dynamics to resist
pathological synchronization and thereby maintain near-critical operating regimes.

We argue that the evidence, while not yet constituting a proven causal chain, is convergent
enough to warrant formal investigation.



1.4 Paper Structure

Section 2 reviews the mathematical foundations: KAM theory and its origin in celestial mechanics,
Greene’s criterion, Arnold tongue analysis, Sturmian words, and engineered /material forms of anti-
closure. Section 3 reviews self-organized criticality and the edge-of-chaos hypothesis. Section 4
presents the brain criticality evidence, the role of ¢-spaced frequency bands, and gene regulatory
network criticality. Section 5 surveys formal analogues of anti-closure across biology, ecology,
materials, cosmology, and thermodynamics. Section 6 presents the unified framework including the
anti-closure index. Section 7 discusses limitations, predictions, and directions for experimental test.

2 Mathematical Foundations: ¢ as Maximal Robustness

2.1 KAM Theory

The Kolmogorov-Arnold-Moser (KAM) theorem arose from celestial mechanics — specifically, from
the three-body problem that Poincaré showed has no general closed-form solution, discovering
chaos in the process (1890). Kolmogorov’s 1954 theorem was a direct response: given that the solar
system is a perturbed near-integrable Hamiltonian system, which quasi-periodic orbits survive
the perturbation? The theorem addresses the fate of quasi-periodic orbits in Hamiltonian systems
under perturbation. Consider an integrable Hamiltonian system with n degrees of freedom, whose
phase space is foliated by invariant tori on which motion is quasi-periodic with frequency vector
w = (wq, Wy, ...,w, ). The KAM theorem states that for sufficiently small perturbations, tori whose
frequency ratios satisfy a Diophantine condition

C
lw - k| > Tkz|T for all k € Z™ \ {0}
persist as slightly deformed tori in the perturbed system (Kolmogorov, 1954; Arnold, 1963; Moser,
1962). The Diophantine condition excludes frequency vectors that are “too close” to rational —
those susceptible to resonance. Tori with rational frequency ratios are destroyed first; the more
irrational the ratio, the more robust the torus.

The strength of a torus’s resistance to destruction is governed by the quality of rational
approximation to its frequency ratio. For the two-dimensional case (the area-preserving map), this
reduces to the theory of continued fractions. A real number a with continued fraction expansion
[ag; aq,aq, ...] is well-approximated by rationals with denominators related to the partial quotients
a;: large partial quotients produce good rational approximations (and hence vulnerability to
resonance), while small partial quotients produce poor approximations (and hence resistance to
resonance).

The golden ratio ¢ = [1;1,1,1,...] has the smallest possible partial quotients at every position.
It is therefore the number for which rational approximation converges most slowly — the number
maximally far from every rational, the number most resistant to resonance of any kind. Other
noble numbers share this resistance in graded form; ¢ is the extremal case.



2.2 Greene’s Criterion and the Last KAM Torus

Greene (1979) studied the breakup of invariant circles in the Chirikov standard map as the pertur-
bation parameter K increases toward the critical value K, ~ 0.9716. He introduced a criterion
based on the residues of periodic orbits approximating a given invariant circle: when the residues
converge to zero, the circle persists; when they diverge, it has been destroyed.

Greene conjectured that: (1) the locally most robust invariant circles have noble rotation

numbers — continued fractions with a tail of ones: [...;1,1,1,...]; and (2) of all noble numbers,
the circle with golden mean rotation number ¢ = [1;1,1,1,...] is the most robust — the last to be
destroyed.

This conjecture has been numerically confirmed to high precision (MacKay, 1983; Fox & Meiss,
2019) and partially justified theoretically (de la Llave et al., 2000). The golden-mean KAM torus
is the last barrier between ordered and chaotic dynamics in the standard map. It is the boundary
that holds longest against the onset of global chaos.

The physical interpretation: ¢ is the frequency ratio that resists resonance destruction more
effectively than any other. It is the last stable structure standing at the transition to chaos. In
celestial mechanics, this means the orbits most resistant to gravitational perturbation are those
with the most irrational period ratios. The two-body problem closes perfectly — Kepler ellipses,
eternal repetition. The three-body problem creates chaos because it refuses to close. The golden-
mean torus is what survives longest in the transition between them.

2.3 Arnold Tongues and Frequency Locking

In the theory of driven or coupled oscillators, Arnold tongues (Arnold, 1961) describe the regions in
parameter space where a forced oscillator locks onto the driving frequency at a rational ratio p/q.
Each rational has an associated tongue — a wedge-shaped region emanating from the parameter
axis, widening with coupling strength, within which the oscillator is phase-locked.

Between the tongues lie gaps — parameter regions where the oscillator maintains quasi-periodic,
unlocked motion. The width of the gap surrounding an irrational frequency ratio is determined by
the quality of rational approximation to that number: poorly approximated irrationals have wider
gaps and are more resistant to locking.

The golden ratio, as the most poorly approximated irrational, sits at the center of the widest
gap. In the circle map (the canonical model for this analysis), the golden mean rotation number
is the last quasi-periodic orbit to be captured by a frequency-locking tongue as the nonlinearity
parameter increases. This is the Arnold tongue complement of Greene’s criterion: ¢ is the frequency
ratio that resists synchronization most effectively.

For biological systems composed of coupled oscillators — neurons, cardiac pacemakers, circa-
dian clocks — this result has direct consequences. A system whose component oscillators are tuned
to p-ratio frequencies is a system maximally resistant to pathological synchronization while still
permitting weak coupling for coordination.



2.4 Sturmian Words: Minimal Aperiodic Order

The Morse-Hedlund theorem (1938, 1940) establishes that an infinite word over a binary alphabet
is ultimately periodic if and only if its subword complexity p(n) satisfies p(n) < n for some n.
Sequences with p(n) = n + 1 for all n — exactly one more distinct factor at each length than the
minimum required for periodicity — are called Sturmian words. They are the simplest possible
aperiodic sequences: maximally ordered without being periodic.

Sturmian words can be generated by irrational rotations on the unit circle: the sequence records
which arc the rotation lands in at each step. The rotation angle determines the word. The Fibonacci
word — the canonical Sturmian word, generated by ¢-rotation — is the fixed point of the morphism
0 — 01, 1 — 0. It is the discrete-symbolic form of the golden wound: a sequence that achieves
minimal aperiodic order, the closest a structure can come to periodic closure without crossing into
periodicity.

This bridges the continuous dynamics of KAM theory to the discrete structures of symbolic dy-
namics, quasicrystals, and computation. Penrose tilings — the geometric substrate of quasicrystals
— can be generated by the same cut-and-project method that produces Sturmian sequences in one
dimension. The Fibonacci tiling is the one-dimensional cut-and-project analogue of Penrose tiling.
The invariant across all these domains is the same: @-structured incommensurability produces
maximal order without periodicity.

2.5 Engineered and Material Forms

Engineers have independently rediscovered ¢’s anti-clumping property. In magnetic resonance
imaging, golden-angle radial sampling — successive projections separated by approximately
111.246° (the full-circle golden angle of 137.5° folded to account for the 180° symmetry of radial
lines) — provides nearly uniform k-space coverage for arbitrary numbers of profiles (Winkelmann et
al., 2007, IEEFE Trans. Medical Imaging). Random sampling clusters. Fixed uniform-angle sampling
only works cleanly for pre-selected counts. Golden-angle sampling works at every prefix length
because each new projection falls in the largest available gap — the same principle that governs
phyllotaxis in plants. Low-discrepancy Kronecker sequences based on ¢-rotation are a canonical
method for spreading points uniformly by irrational rotation in sampling theory.

In condensed matter, the Aubry transition in the Frenkel-Kontorova model provides the mate-
rial-physics analogue of the KAM result. A chain of atoms on a periodic substrate can either slide
freely (incommensurate phase) or become pinned (commensurate phase), depending on substrate
potential. Aubry (1983) predicted a transition between these states for incommensurate chains;
the golden-ratio chain — the maximally incommensurate case — is the most resistant to pinning.
Bylinskii et al. (2016, Nature Materials) experimentally observed the Aubry transition in finite
atom chains via friction measurements, connecting -like spacing to maximum robustness against
capture by a periodic potential. This is KAM’s last torus realized in a lattice: the structure that
resists being locked into the substrate’s periodicity.



3 Self-Organized Criticality and the Edge of Chaos

3.1 The Critical State

Bak, Tang, and Wiesenfeld (1987) demonstrated that certain extended dissipative dynamical
systems naturally evolve to a critical state — a state characterized by scale-free (power-law)
distributions of event sizes, long-range spatial and temporal correlations, and the absence of
characteristic scales. Their sandpile model showed that this critical state is an attractor: the system
self-organizes to the critical point without external tuning.

At criticality, systems exhibit: maximal dynamic range — sensitivity to perturbations at all
scales (Kinouchi & Copelli, 2006; Shew et al., 2009); optimal information transmission — the
balance between order (which preserves information) and chaos (which generates it) is maximized
(Langton, 1990; Bertschinger & Natschliger, 2004); power-law statistics — avalanche sizes,

@ indicating scale-free dynamics;

durations, and inter-event intervals follow distributions P(s) ~ s~
and 1/f noise — power spectral density scaling as 1/f? with 8 ~ 1, intermediate between white

noise (8 = 0) and Brownian noise (8 = 2).

Bak (1987, 1996) explicitly proposed self-organized criticality as the explanation for the
ubiquitous 1/ f noise observed in physical, biological, and social systems.

3.2 Edge of Chaos in Boolean Networks and Cellular Automata

Langton (1990) and Kauffman (1993) independently proposed that complex adaptive systems
— including living systems — maximize their computational capacity at the boundary between
ordered and chaotic dynamics. Kauffman’s random Boolean networks showed a phase transition
at average connectivity K = 2: networks with K < 2 freeze into fixed points (ordered phase),
networks with K > 2 exhibit chaotic sensitivity to initial conditions, and networks at K = 2 sit at
the critical boundary with maximal combinatorial diversity and evolvability.

The “edge of chaos” concept was refined by Crutchfield and Young (1993), who emphasized that
computational capacity — specifically, the ability to perform nontrivial input-output transforma-
tions — peaks at dynamical phase transitions. The concept remains debated in its universality
(Mitchell et al., 1993), but the core observation that complex behavior clusters at phase transition
boundaries is well established.

3.3 Connecting KAM to Criticality

The golden ratio’s role in KAM theory is to mark the boundary of the ordered phase in conservative
low-dimensional maps — the point beyond which ordered (quasi-periodic) motion cannot persist.
In the standard map, the last KAM torus is the golden-mean torus. This is a precise result in a
specific mathematical setting. The extension to biological phase transitions, neuronal avalanche
criticality, or ecological diversity optima is structural analogy, not mathematical identity. We
present it as such: the same formal property — maximal resistance to resonance — appears at
boundaries across these domains. Whether the mechanism is identical in each case is an open
question the evidence motivates but does not yet resolve.



4 Brain Criticality and p-Spaced Neural Oscillations

4.1 The Brain Criticality Hypothesis

Beggs and Plenz (2003) demonstrated that spontaneous activity in cortical networks propagates
as “neuronal avalanches” whose sizes follow a power-law distribution with exponent a ~ —1.5 —
the mean-field criticality prediction. This finding launched the brain criticality hypothesis: the
proposal that cortical networks operate near a critical phase transition, and that this near-critical
state is functionally important for neural computation.

Subsequent work has provided extensive support: neuronal avalanches have been replicated
across species and recording modalities (Petermann et al., 2009; Hahn et al., 2010); networks
at criticality exhibit maximal dynamic range (Kinouchi & Copelli, 2006; Shew et al., 2009);
information transmission and storage are optimized at criticality (Shew & Plenz, 2013); and a
comprehensive review in Reviews of Modern Physics (Mufioz, 2018) concluded that biological
systems operating near criticality represents a well-supported hypothesis with broad explanatory
power.

4.2 Consciousness and Near-Critical Cortical Dynamics

Toker et al. (2022, PNAS) provided the most direct evidence linking consciousness to edge-of-chaos
criticality. Analyzing cortical recordings across waking, sleep, and anesthesia states, they showed
that: (1) cortical electrodynamics during conscious waking states are poised near the edge-of-chaos
critical point; (2) loss of consciousness corresponds to cortical dynamics moving away from this
boundary; and (3) the degree of proximity to the critical point predicts the level of consciousness.

This result was extended by subsequent studies: brain criticality predicts inter-areal synchro-
nization levels (Nature Communications, 2023), and critical dynamics in spontaneous EEG predict
anesthetic-induced loss of consciousness (Communications Biology, 2024).

The implication: consciousness is not merely correlated with generic neural activity. Near-
critical dynamics appear to be strongly associated with conscious states. The evidence is consistent
with — though does not yet prove — the claim that the brain’s conscious operating regime is
maintained near the edge of chaos.

4.3 p-Spacing as a Candidate Maintenance Mechanism

How does the brain maintain itself near criticality? One candidate lies in the frequency architecture
of neural oscillations.

Pletzer et al. (2010) observed that the canonical EEG frequency bands (4, 6, «, S, 7) are
separated by factors approximating the golden ratio. They demonstrated that oscillators with -
ratio frequencies resist synchronization — their excitatory phases coincide minimally — and argued
that this property prevents spurious cross-frequency phase-locking while maintaining independent
information channels.

Kramer (2022) formalized this as the “golden rhythms” framework in Neurons, Behavior, Data
Analysis, and Theory, proposing that: pairs of p-spaced rhythms optimally support multiplezing



— the segregation of independent communication channels; triplets of ¢-spaced rhythms optimally
support integration — the establishment of cross-frequency hierarchies; and the golden ratio thus
provides an optimal balance between segregation and integration of neural information.

A 2026 multi-dataset validation study (Ursachi et al., N = 320, Frontiers in Human Neuro-
science) confirmed that golden ratio organization in human EEG is associated with theta-alpha
frequency convergence near the functionally critical 8 Hz boundary. The association is robust but
correlational; the study does not establish that ¢-spacing causes criticality maintenance.

The connection to the KAM/Arnold tongue results is direct. p-spaced neural frequencies
avoid resonance locking (the Arnold tongue result applied at neural scale), maintaining channel
independence. This independence prevents the brain from collapsing into global synchronization
(the ordered/subcritical phase — associated with unconsciousness, seizure, or death). Simultane-
ously, the weak residual coupling between (p-spaced bands permits the cross-frequency integration
necessary for coherent cognition.

The proposed mechanism: g-spacing of neural oscillation bands may function as the brain’s
implementation of anti-resonance dynamics — tuning internal oscillators to frequency ratios
resistant to pathological synchronization, thereby contributing to the maintenance of the near-
critical state associated with consciousness. This proposal is consistent with, but not yet proven
by, the available evidence. A critical test would compare criticality metrics (avalanche exponents,
dynamic range, branching ratio) in oscillator networks tuned to ¢ versus a battery of null ratios:
V2, the silver ratio (14 v/2), e, 7, random log-spacing, harmonic 2:1, and other noble numbers
(to test whether the anti-resonance property is specific to ¢ or shared across the noble class). If ¢-
tuned networks show enhanced criticality relative to non-noble ratios, and comparable performance
to other nobles, the anti-resonance mechanism would be supported while the specificity-to-¢ claim
would be appropriately bounded. This experiment has not yet been performed.

4.4 Criticality Beyond the Brain: Gene Regulatory Networks

The criticality hypothesis extends beyond neural tissue. Daniels et al. (2018, Physical Review
Letters) conducted a systematic analysis of biological regulatory networks and found that “criti-
cality distinguishes the ensemble of biological regulatory networks” — real biological networks are
near-critical relative to randomized comparison ensembles. This is not a brain-specific phenom-
enon. Gene regulatory networks, which govern cellular differentiation, developmental timing, and
stress response, appear tuned to the boundary between ordered (frozen) and chaotic (disordered)
dynamics, where sensitivity to signal is balanced against stability to noise.

Kauffman’s original random Boolean network model predicted this: networks at the critical
connectivity K = 2 exhibit maximal evolvability. The Daniels result shows that actual biological
networks — not just theoretical models — occupy this critical regime. The criticality case for
the paper’s thesis is therefore not confined to EEG frequency bands. It extends to the regulatory
architecture of the cell. Whether ¢-like ratios play a role in GRN timing dynamics is an open
question; what is established is that biological regulation at the cellular level, like cortical electro-
dynamics, operates near a phase transition.



5 Formal Analogues of Anti-Closure

The mathematical core of this paper concerns anti-resonance dynamics in coupled oscillatory
systems (Tier 1). A second tier extends the claim to biological oscillatory systems where -
like ratios have been measured but causality is not yet established. A third tier presents formal
analogues of anti-closure: cases where the same structural pattern — generativity arising from
constrained non-closure — appears through mechanisms unrelated to ¢ or oscillatory dynamics.
These tiers are not presented as evidence that ¢ operates in each domain. They are presented
as instances of a broader formal pattern: generativity arising from constrained non-closure. The
convergence across independent domains motivates the hypothesis that anti-closure is a principle,
not a coincidence. Whether a single mechanism underlies all instances is an open question.

5.1 Phyllotaxis: Spatial Anti-Resonance

Spiral phyllotaxis — the arrangement of leaves, petals, and seeds around a plant’s growing tip
— characteristically involves Fibonacci parastichy numbers and divergence angles near the golden
angle ( 137.5°). Models based on auxin-transport self-organization (Reinhardt et al., 2003, Nature;
Newell & Shipman, 2005, PNAS) show that these patterns emerge from inhibitory interactions
around the shoot apex: each new primordium forms at the point of lowest inhibition, which is the
largest available angular gap. Golden-angle divergence produces the packing that most uniformly
avoids radial overlap — the spatial analogue of avoiding frequency locking. Updated models (Godin
et al., 2022, Journal of Theoretical Biology) confirm convergence to noble divergence angles. This is
Tier 2 evidence: the p-connection is robust and the mechanism (self-organized inhibitory spacing) is
well-characterized, but the analogy to oscillatory anti-resonance is structural rather than formally
identical.

5.2 Cardiac Dynamics

Heart rate variability (HRV) — the variation in inter-beat intervals — is a primary marker of
cardiac health. A perfectly regular heartbeat (zero HRV) precedes cardiac arrest. Excessive irregu-
larity (fibrillation) is equally lethal. The healthy heart operates between these extremes, exhibiting
fractal variability with 1/f spectral scaling (Goldberger et al., 2002). Cardiac intervals at resting
rates approximate @-ratios between systole and diastole (Yalta et al., 2016). The heart maintains
criticality through the same formal property: structured variability preventing the collapse into
periodic or chaotic attractors.

5.3 Genomic Replication

DNA polymerase replicates with fidelity of approximately 1078 to 10719 errors per nucleotide. This
error rate is neither minimized nor random — it is tuned. Too low: no mutations, no variation,
no evolution. Too high: error catastrophe, genome dissolution (Eigen, 1971). The replication
machinery operates at the critical boundary between fidelity and variability — the genomic edge of
chaos. The error threshold (Eigen’s threshold) is formally a phase transition: below critical fidelity,
the fittest genotype disappears deterministically.



5.4 Ecosystem Dynamics

The intermediate disturbance hypothesis (Connell, 1978) proposes that maximum species diversity
occurs at intermediate levels of ecological disturbance. No disturbance produces competitive
exclusion (ordered phase). Excessive disturbance prevents recovery (dissolution). Intermediate dis-
turbance maintains the system at a diversity maximum. The hypothesis is intuitive and influential
but empirically contested: meta-analyses have found inconsistent support, and the relationship
between disturbance and diversity appears more complex than the simple unimodal prediction
suggests (Fox, 2013). It is included here as structural analogy, not as evidence carrying the same
epistemic weight as KAM theory or the neural oscillation data.

5.5 Materials Science

Controlled defects in semiconductor crystal lattices tune electronic transport: doping with specific
impurities transforms the material from insulating to semiconducting, enabling all digital compu-
tation. The semiconductor is a material whose useful properties arise from precisely calibrated
imperfections in an otherwise ordered lattice.

Quasicrystals (Shechtman et al., 1984) provide the material realization of p-structured order:
long-range order without periodicity, coherence without repetition. Quasicrystalline geometry is
built on ¢-ratio tile areas (Penrose tilings), and five-fold symmetry — forbidden in periodic crystals
— emerges naturally. The quasicrystal is a material analogue of nonperiodic order: coherent
without being locked into the periodic repetition that defines ordinary crystals.

5.6 Cosmological Asymmetry

The observed baryon asymmetry — approximately one excess particle per billion particle-antipar-
ticle pairs — is the reason matter exists. Perfect symmetry between matter and antimatter would
have resulted in total annihilation, leaving a universe of pure radiation (CERN). Everything that
exists is the remainder of an almost-perfect cancellation. This is the most dramatic instance of the
formal property at the most fundamental scale. It does not operate through y-spaced oscillators
or KAM dynamics — the mechanism is CP violation in particle physics. It is included here as
a structural parallel: the generative remainder appears even where the specific anti-resonance
mechanism does not apply.

5.7 Protein Marginal Stability

Globular proteins are marginally stable — their folding free energy is small, typically 5-15 kcal/
mol, barely enough to maintain the folded state. Taverna and Goldstein (2002, Proteins) showed
that marginal stability is an inherent property of evolved protein populations, not a design flaw.
Too stable: the protein is inert, unable to undergo the conformational changes required for catalysis
and allosteric regulation. Too unstable: the protein unfolds, loses function, aggregates. Marginal
stability occupies the zone between structural lock and structural dissolution — the molecular-scale
edge of chaos. This is Tier 3: the pattern is formally identical (too rigid / too labile / functional
middle), but the mechanism does not involve ¢ or oscillatory dynamics.
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5.8 Collective Animal Behavior

Cavagna et al. (2010, PNAS) demonstrated that behavioral correlations in starling flocks are
scale-free: fluctuations in flight direction propagate across the entire flock regardless of flock size,
following the same power-law signatures observed in systems at thermodynamic criticality. The
flock responds to environmental perturbation as a collective, with response scale determined by
the system’s proximity to a critical point rather than by fixed interaction ranges. This is criticality
at the group scale. No ¢-connection has been established in flocking dynamics; the case is included
as evidence that criticality — the generative middle between rigid order and dissolution — appears
in collective biological systems as well as in neural and molecular ones.

5.9 Thermodynamic Structures

Prigogine’s dissipative structures (Nobel Prize in Chemistry, 1977) demonstrate that order arises
from far-from-equilibrium conditions. Systems at equilibrium are dead; systems driven away from
equilibrium by energy flow can spontaneously organize into complex structures. Life exists because
of the thermodynamic gradient, not despite it. Equilibrium is the closed attractor: no gradients, no
work, no living structure. Dissipative structures are maintained far from equilibrium by continuous
energy throughput — the thermodynamic precondition for the dynamical criticality this paper
describes.

6 Unified Framework

6.1 The Thesis

We propose that noble-ratio anti-resonance — with the golden ratio as the extremal case of
maximal resistance to rational approximation — constitutes a candidate mechanism exploited by
living systems that must resist pathological synchronization while maintaining coherent structure.
The claim is graded: strongest for neural oscillatory systems (where direct evidence exists),
well-motivated for cardiac and genomic systems (where the formal property is present), and
structural-analogical for ecological, material, and cosmological systems (where the same formal
pattern appears through different mechanisms).

6.2 The Phase Diagram

The proposed framework maps onto a universal phase diagram:
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Phase Dynamical charac- Biological signature Pathology
ter

Subcritical (ordered) Periodic, locked, frozen Zero HRV, global syn- Death by repetition

chrony
Critical (edge of chaos) Scale-free, power-law, HRV, neuronal Life, consciousness
1/t avalanches, ¢-spaced
bands

Supercritical (chaotic) Random, uncorrelated, Fibrillation, decoher- Death by dissolution
noisy ence

Table 1: ¢ and noble-ratio dynamics are hypothesized to maintain oscillatory systems in the
critical row. Other domains instantiate the broader anti-closure pattern through domain-specific
mechanisms.

6.3 The Anti-Closure Index

To prevent “structured incompletion” from becoming an infinitely elastic concept, each domain
requires a measurable proxy — an anti-closure index that can fail:

Domain Anti-closure proxy

Number theory Diophantine constant / rational approximability

Celestial mechanics Survival of quasi-periodic orbits under perturbation (Greene residue; KAM
persistence)

Coupled oscillators  Arnold tongue capture probability at given coupling
Symbolic sequences Subword complexity; balance; discrepancy
Spatial packing Divergence angle proximity to golden angle; radial overlap

Neural Deviation from pathological synchrony; avalanche exponent; branching
ratio; dynamic range

Gene regulation Distance from critical connectivity in Boolean network models
Cardiac 1/ f spectral exponent; HRV complexity measures

Genomic Error rate relative to Eigen threshold

Protein Folding stability margin (AG)

Materials Aubry pinning threshold; sliding-to-locked ratio

Ecology Species diversity at given disturbance frequency

Cognition Retention under desirable difficulty vs. overload

Table 2: Domain-specific anti-closure proxies. The invariant becomes testable when each domain
provides a measurable quantity that can distinguish the generative middle zone from both closure
and dissolution.

The unified claim becomes: systems that maximize their domain-specific anti-closure
index occupy the generative zone. This formulation is falsifiable: if maximizing the proxy
does not predict generative dynamics in a given domain, the claim fails for that domain.

12



6.4 Predictions
This framework generates testable predictions:

1. Neural: Pharmacological or stimulation interventions that shift EEG frequency band ratios
away from ¢ should produce measurable changes in criticality metrics and, at sufficient devia-
tion, altered states of consciousness.

2. Cardiac: Cardiac systems with interval-ratio structures closer to ¢ or noble-irrational spacing
should show reduced lock-in and healthier fractal HRV signatures, controlling for age, autonomic
tone, and pathology.

3. Ecological: Ecosystems near their empirically estimated disturbance optimum should maximize
the ecological anti-closure proxy — diversity, resilience, recovery time, or correlation length —
relative to both low- and high-disturbance regimes.

4. Material: Quasicrystalline materials should exhibit critical-like transport properties (1/ f noise,
scale-free conductance fluctuations) distinct from both crystalline and amorphous materials.

5. General: In coupled oscillator systems where low-order rational locking is a known failure
mode, p-tuned frequency ratios should preserve metastability better than harmonic (2:1), near-
rational, or randomly spaced ratios.

7 Discussion

7.1 Limitations

The central limitation is that the synthesis proposed here has not been demonstrated as a causal
chain in a single experimental system. Each component — KAM robustness, Arnold tongue
resistance, brain criticality, ¢-spacing — is independently established, but the proposed causal
link (p-spacing — anti-resonance — criticality maintenance — consciousness) remains inferential.
The Kramer (2022) framework and the 2026 validation study are steps toward establishing this
link, but direct experimental manipulation of frequency band ratios to test criticality effects has
not yet been reported.

The brain criticality hypothesis itself is more contested than the strongest claims in this liter-
ature acknowledge. Touboul and Destexhe (2017) showed that power-law statistics and universal
scaling can arise in large networks away from criticality, making power laws insufficient as stand-
alone evidence. A 2026 critical assessment (arXiv:2604.21071) similarly argues that power-law and
scale-invariant signatures in neural data do not by themselves prove criticality, and suggests that
broader memory-induced long-range-order phases could explain much of the observed data without
fine-tuning to a critical point. This does not invalidate the hypothesis, but it means the debate is
active. This paper’s claims about neural criticality should be read in that context.

The universality of self-organized criticality has been debated since Bak’s original proposal.
Not all 1/f noise requires criticality (Bédard et al., 2006), and not all biological systems operate
at a single critical point. The framework proposed here does not require strict universality — it
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requires only that @-structured dynamics provide an anti-resonance mechanism that contributes
to near-critical behavior in systems where such behavior has been independently demonstrated.

Finally, ¢ is the extremal member of a class (noble numbers), not a unique constant with
singular properties. Other noble numbers share the anti-resonance property in graded form. The
question of whether biological systems specifically exploit ¢ versus other noble ratios, and whether
the difference is functionally significant, is open.

7.2 Relation to Existing Frameworks

The golden ratio has been the subject of both legitimate scientific investigation and uncritical
mystification. Tosa et al. (2018) provide a balanced review of ¢ in physiology, psychology, and
biomechanics, noting that “recent scientific results often fall between two extremes: those of a
priori sceptic researchers and passionate overclaimers.” This paper aims to ground the golden
ratio’s biological significance in the established mathematics of dynamical systems and criticality
theory, rather than in numerological pattern-matching.

The framework also connects to Prigogine’s insight that life requires far-from-equilibrium
conditions. The critical state is, thermodynamically, a far-from-equilibrium regime maintained by
continuous energy throughput. @-structured dynamics may be the informational complement to
Prigogine’s thermodynamic condition: the system must be far from equilibrium (Prigogine) and it
must be structured to resist falling back toward equilibrium’s ordered phase ().

7.3 Broader Implications

If the framework is correct, it suggests a design principle: living systems are built to resist
their own closure. The golden ratio is not an ornament of nature but the sharpest known
exemplar of a broader class of anti-closure structures — Diophantine anti-locking, noble-ratio
anti-resonance, structured non-closure — that prevent complex systems from collapsing into the
ordered attractors that would end their development. The heartbeat varies because rigid regularity
is dangerous. The genome errs because perfect fidelity would end adaptation. The brain avoids
global synchronization because pathological lock-in is incompatible with flexible cognition. In each
case, the proposed commonality traces to the same formal property: resistance to rational capture,
of which ¢ is the canonical extreme.

However, anti-closure alone is not sufficient for development — it is the maintenance
condition. A system that resists premature synchronization remains open but does not thereby
develop higher-order coherence. Development requires a second ingredient: calibrated stress that
perturbs the system through locally convex response regimes into higher-order reorganization.
The anti-closure mechanism preserves the possibility-space; stress provides the developmental
force. A companion paper (tratium, 2026b) develops this complementary framework, proposing
that hormesis and antifragility describe the stress-driven developmental mechanism that operates
within the near-critical regime anti-closure maintains. The integrated model requires two coupled
parameters — an anti-closure index (a) and a stress load (o0) — whose interaction defines a
bounded growth zone in « x ¢ space: high enough « to prevent lock-in, calibrated o to force
reorganization without exceeding integrative capacity. The full treatment of this two-parameter
framework is forthcoming.
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